The vicinity of a critical end point is analyzed in order to reveal singularities arising in the form of the first-order phase boundary to the noncritical phase. Phenomenological arguments are presented and critically assessed that directly relate the nonanalytic behavior of the phase boundary to universal features of the bulk thermodynamics on the associated critical line. Explicit values are given for universal amplitude ratios describing the boundary for various types of criticality.
at the upper end point the noncritical "spectator" phase, o;, is the solid crystal. In magnetic systems end points are often found as the external magnetic field is varied in magnitude and direction. More generally, critical end points are intimately associated with the vicinity of tricritical points in thermodynamic spaces of appropriate dimensions. ' Despite their ubiquity, , critical end points have been little studied for their own sake either from a general phenomenological standpoint or within specific theoretical models. However, it has been pointed out recently that even the bulk thermodynamics of an end point should display new critical singularities, not observable on the associated critical line, which, furthermore, ought to be characterized by various uniUersal parameters. In particular, the phase boundary between the a and P or y phases should exhibit nonanalyticities as the end point is approached, reminiscent of the singularities in the critical lines (or surfaces) predicted' and observed in bicritical phase diagrams. More concretely, for the simplest critical end point situation depicted in Fig. 1 , in which g may be taken as, say, the pressure, it was asserted that the phase boundary, g (T), should have a divergent curvature obeying as T approaches the end point temperature T, from above or below. Here a is the critical exponent describing the specific heat singularity (at constant g) on the critical line above g, =g (T, ) (T, h) , to the noncritical spectator phase. Characteristic behavior is anticipated which, it is argued, should be controlled by the universal bulk critical exponents, amplitude ratios, and scaling functions that are observable on the critical line away from the end point. Relevant bulk critical-point amplitude ratios are defined in (3.5) -(3.8) and (3.11) -(3.14). The behavior predicted for g (T, h) on particular interesting loci is then detailed in the results (5.2), (5.7), (5.9), and (5.13); the corresponding universal amplitude ratios are defined and related to the bulk ratios in (5.6), (5.10), and (5.11), and in (5.15) 
